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Isotope-based Fluvial Organic Carbon (ISOFLOC) Model: Model
formulation, sensitivity, and evaluation
William I. Ford1 and James F. Fox2
1USDA-ARS, Columbus, Ohio, USA, 2Civil Engineering, University of Kentucky, Lexington, Kentucky, USA
Abstract Watershed-scale carbon budgets remain poorly understood, in part due to inadequate simula-
tion tools to assess in-stream carbon fate and transport. A new numerical model termed ISOtope-based FLu-
vial Organic Carbon (ISOFLOC) is formulated to simulate the fluvial organic carbon budget in watersheds
where hydrologic, sediment transport, and biogeochemical processes are coupled to control benthic and
transported carbon composition and flux. One ISOFLOC innovation is the formulation of new stable carbon
isotope model subroutines that include isotope fractionation processes in order to estimate carbon isotope
source, fate, and transport. A second innovation is the coupling of transfers between carbon pools, includ-
ing algal particulate organic carbon, fine particulate and dissolved organic carbon, and particulate and dis-
solved inorganic carbon, to simulate the carbon cycle in a comprehensive manner beyond that of existing
watershed water quality models. ISOFLOC was tested and verified in a low-gradient, agriculturally impacted
stream. Results of a global sensitivity analysis suggested the isotope response variable had unique sensitiv-
ity to the coupled interaction between fluvial shear resistance of algal biomass and the concentration of dis-
solved inorganic carbon. Model calibration and validation suggested good agreement at event, seasonal,
and annual timescales. Multiobjective uncertainty analysis suggested inclusion of the carbon stable isotope
routine reduced uncertainty by 80% for algal particulate organic carbon flux estimates.
1. Introduction
Quantifying fluvial carbon budgets at the watershed-scale remains difficult due to a lack of mechanistic
understanding of how physical and biogeochemical processes alter the composition of carbon species
during transit from source to sink [Cole et al., 2007; Battin et al., 2009; Regnier et al., 2013]. One area of
particular interest is streams where high nutrient loads such as from agriculture and urban land uses and
low canopy cover promote autochthonous benthic carbon production and turnover. Recent findings
suggest that autochthonous carbon production and turnover can be on the same order of magnitude or
greater than allocthonous carbon inputs in some agriculture and urban streams [e.g., Tank et al., 2010].
The significance of understanding autotrophic carbon dynamics has been recently highlighted through
a contemporary macro scale study that estimates stream and river derived autochthonous carbon fluxes
from land to ocean equal 0.3 PgC y21, yet the spatial distribution and fate of autochthonous carbon via
burial, turnover, or transport remains an open question [Regnier et al., 2013]. The traditional assumption
that stream generated carbon is turned over and can be neglected in energy utilization studies has been
refuted recently by studies that highlight burial and long-term storage as a prominent fate mechanism
of autochthonous carbon [Ford and Fox, 2014; Hotchkiss and Hall, 2015]. The critical role that autochtho-
nous carbon plays in fluvial carbon budgets as well as fueling ecosystem function suggests these under-
represented systems need further study. Numerical modeling of the fluvial carbon budget that includes
spatially explicit accounting for autochthonous processes serves as a practical method to address
autochthonous carbon questions. Numerical modeling can be combined with recently developed data-
driven methods such as stable isotope measurements of carbon pools. The motivation of the present
study is to improve watershed-scale water quality modeling technology for estimating fluvial organic
carbon budgets for systems where autochthonous benthic carbon processes play a substantial role in
the fluvial carbon cycle.
Carbon cycling in streams that include autochthonous production and turnover is governed by a complex
mixture of physical and biogeochemical processes that promote exchange between carbon pools and
phases (Figure 1). Autotrophic algal biomass assimilates DIC and temporarily fixes it as algal POC, herein
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referred to as APOC. APOC can be decomposed to fine POC (FPOC) or DOC, respired to DIC through autotro-
phic and heterotrophic respiration, transfer to consumers through feeding, or advect downstream via
sloughing (i.e., physical detachment). FPOC is an amalgamation of carbon contained in silt and clay sized
particles eroded from upland soils, streambanks, and generated within the stream channel either from
breakdown of coarse POC or aggregation of DOC. FPOC is subjected to similar physical and biogeochemical
processes as APOC, including further decomposition, respiration, and downstream transport. DOC is pre-
dominantly composed of soil leachates from the upland subsurface seepage but can also contain leachates
from APOC and FPOC. Inorganic carbon composition directly impacts newly generated organic matter and
can reflect levels of respiration and dissolution from the streambed. PIC can be dissolved to DIC or precipi-
tated depending on pH conditions, and DIC composition is dependent upon in-stream organic carbon respi-
ration, dissolution of PIC, and gaseous exchange with the atmosphere.
Currently available watershed-scale water quality models have attempted to estimate some fluxes and
transformations of the organic carbon budget depicted in Figure 1; however a model that is formulated to
consider organic carbon detachment and advection as well as growth and turnover processes characteristic
of streams with high autotrophic cycling has not been developed previously. Watershed-scale water quality
models applicable to water, sediment, carbon, and nutrient loadings to streams such as SWAT, AnnAGNPS,
and SPARROW, tend to be focused on upland production and routing using 1-D hydrologic and sediment
transport subroutines. SWAT and AnnAGNPS neglect in-stream contributions; suggesting carbon composi-
tion is a function of upland soil carbon and erosion dynamics only [Bingner et al., 2011; Neitsch et al., 2011;
Oeurng et al., 2011]. SPARROW utilizes a heavily empirical regression model coupled with semitheoretical
growth and first-order decay reactions for organic carbon to simulate total organic carbon composition at
watershed outlets; however SPARROW does not adequately account for temperature dependent decompo-
sition processes or exchange processes between carbon pools [White et al., 1991; Shih et al., 2010; Ford and
Fox, 2014].
A second class of water quality models including AQUATOX, QUAL2K, and WASP are more heavily focused
on in-stream water quality and have been applied to low order streams at the watershed-scale, although
perhaps often erroneously given that these C and nutrient model formulations are based on theory derived
from benthic layers in large, slow moving water bodies. AQUATOX, QUAL2K, and WASP conceptualize the
benthos as a two layer, 1 mm aerobic and 10 cm anaerobic, well-mixed system that receives inputs from
detrital carbon of varying quality, i.e., labile algal detritus, refractory detritus, and nonreactive detritus
[DiToro, 2001; Wool et al., 2006; Chapra et al., 2008; Park and Clough, 2012]. An underlying assumption of
these models is that POC is contained solely in the anaerobic layer under steady state, thus the models
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Figure 1. Reach-scale conceptual model of the fluvial carbon cycle in low-order streams including carbon pools and the physical, chemical,
and biological processes impacting their composition.
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ignore the impact of fluvial erosion on benthic carbon composition. Further, the active aerobic layer is typi-
cally an order of magnitude larger in low-gradient streams with loosely compacted surface fine-grained
laminae, SFGL [Droppo and Stone, 1994; Droppo et al., 2001; Walling et al., 2006; Russo and Fox, 2012; Ford
and Fox, 2014].
A lack of watershed-scale water quality models applicable to streams with pronounced autochthonous pro-
duction suggests new model formulations are needed that account for upland carbon loading, simulate
inter-pool transfer, continuously simulate the carbon composition of the benthos, account for algal growth
and turnover, and simulate the impacts of advection. Therefore, the present work aims to enhance the
water quality modeling technology for fluvial organic carbon budgets through incorporation of the model
feedbacks shown in Figure 1. Specifically, we account for and couple the aforementioned physical and bio-
geochemical processes.
It is well recognized that simulation of DOC, POC, and APOC fate and transport at the watershed-scale
requires a numerical modeling environment that is highly parameterized. In an effort to assist with model
parameterization of physical and biogeochemical rates, we introduce the use of stable carbon isotopes
within our watershed-scale water quality modeling. d13C is the isotopic signature of a carbon pool and
reflects the ratio of 13C to 12C atoms in a given sample as
d13CSample5
ð13C=12CÞSample
ð13C=12CÞVPDB
21
 !
31000; (1)
where d is the standard isotope notation, and VPDB is the reference standard Vienna Pee Dee Belemnite.
Measuring and modeling of d13C of carbon pools provides an extra set of source and transformation equa-
tions to water quality studies and thus carbon stable isotopes have been extensively applied in recent years,
primarily within data-driven approaches. d13C measurements of FPOC have been used to apportion sources
of carbon in aquatic systems ranging from small streams to coastal waterbodies [Fox and Papanicolaou,
2007; Fox, 2009; Kendall et al., 2010; Schindler Wildhaber et al., 2012; Sarma et al., 2012]. Source apportion-
ment studies have placed heavy emphasis on the ability of d13C to differentiate soil organic carbon (SOC)
sources derived from C3 and C4 plants due to their significantly different d13C signatures of 224 to 229&
and 210 to 214&, respectively [Smith and Epstein, 1971; Onstad et al., 2000; Palmer et al., 2001; Fox and
Papanicolaou, 2007; Fox, 2009; Jacinthe et al., 2009; Brunet et al., 2011].
While the aforementioned studies highlight the strength of using d13CFPOC as an environmental tracer,
McGuire and McDonnell [2008] point out that few studies have incorporated stable isotopes into catch-
ment scale models. The few studies that have implemented stable isotope technology in water quality
modeling have focused on either nutrients [e.g., Fox et al., 2010] or short time scales [e.g., Tobias and
Bohlke, 2011]. Synthesizing recent insights suggests d13CFPOC can help constrain the fluvial organic carbon
budget since d13CFPOC is effective at tracing C sources, and is sensitive to isotope fractionation processes.
With regard to source tracing, d13C values of autochthonous and allochthonous sources have been shown
to be statistically differentiable with d13C ranges of 228 to 242& and 210 to 229&, respectively
[Onstad et al., 2000; Palmer et al., 2001; Dalzell et al. 2007; Sakamaki and Richardson, 2011; Schindler Wild-
haber et al., 2012]. With regard to in-stream transformations, large isotope fractionations of the DIC pool
during assimilation (0–20&), and low isotope fractionation during decomposition of organic carbon (0–
2&) suggest d13CFPOC can help constrain parameters associated with APOC assimilation [Jacinthe et al.,
2009; Dubois et al., 2010].
Our goal is to advance watershed-scale, water quality modeling for estimating the fluvial organic carbon
budget within streams with benthic autochthonous carbon by introducing the ISOtope-based FLuvial
Organic Carbon, or ISOFLOC, model. ISOFLOC couples existing one-dimensional hydraulics and sediment
transport, benthic algae, and FPOC mass-balance models to new DIC and d13C mass-balance submodels
that include isotope fractionation processes. Model evaluation techniques including sensitivity analysis,
model calibration and validation, and uncertainty analysis are presented for evaluating ISOFLOC applica-
tions. Thereafter, an ISOFLOC case study is applied in a low-gradient, agriculturally impacted watershed with
prominent autochthonous cycling. An 8 year data set of carbon content (CFPOC) and the stable carbon iso-
topic composition (d13CFPOC) of fine transported sediments are utilized to assist with evaluating the model-
ing framework.
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2. ISOFLOC Model
2.1. Model Formulation
Figure 2 provides a flowchart summarizing connectivity of the submodels in ISOFLOC. Water and sediment
transport subroutines provide the basis for advective transport of dissolved and particulate carbon phases.
ISOFLOC simulates reaction equations for APOC, FPOC, and DIC simultaneously to estimate coupled feed-
backs between the different pools. Organic carbon pools simulated in ISOFLOC include DIC, DOC, APOC,
and FPOC. In the following, we describe the formulation for the total elemental inorganic and organic
phases, and then we describe the new isotope mass balance formulations.
The ISOFLOC model incorporates a mass balance equation for DIC and flux equations for DIC and DOC. ISO-
FLOC models advection of DIC and DOC using model input of volumetric water flowrate, Qji, for a given spa-
tial reach, j, and time step, i, and Qji can be modeled using data-driven, conceptual, or process-based
hydrologic models calibrated for a watershed. ISOFLOC models DIC fate in a given reach to account for reac-
tions with the streambed and assimilation and respiration impart changes to the DIC composition through
a mass balance for DIC (kgC) as
DICji 5DIC
j
i211DICin
j
i2DICout
j
i1ðDis
j
i1EI
j
i1Re s
j
i2Fix
j
i 2Pr e
j
iÞSABedDt; (2)
where in represents the advective upstream influx of DIC, out represents the advective downstream outflux
of DIC, EI (kgC m22 d21) is the rate of CO2 evasion from the stream channel or invasion from the atmos-
phere, Dis (kgC m22 d21) is the rate of particulate carbonate dissolution in the stream bed, Res (kgC m22
d21) is the respiration rate of the algal mat, Fix (kgC m22 d21) is the carbon fixation rate, Pre (kgC m22 d21)
is the precipitation rate of new particulate carbonate material, and SA (m2) is the surface area of the erosion
source. ISOFLOC includes parameters surrounding benthic algae dynamics (i.e., Fix and Res) utilizing the
Figure 2. Model flowchart for ISOFLOC which details inputs, outputs, and calibration procedures. The flowchart provides the framework for coupling hydrologic, hydraulic, sediment
transport, organic carbon, and carbon isotope subroutines.
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equations presented in Rutherford et al. [2000]; these equations are widely used to simulate algal biomass
dynamics [Flynn et al., 2013]. Specifically, ISOFLOC models Fix as a function of light, temperature and density
of biomass and Res as a function of density of biomass and temperature. When the stream is under-
saturated in CO2, EI is positive and the model assumes CO2 diffusion from the atmosphere to the stream
until PCO2 is equal to that of the atmosphere (e.g., until it reaches saturation conditions). Conversely, when
the stream is super-saturated in CO2, EI is negative due to evasion. ISOFLOC models evasion from the
stream channel based on the flux equation which is widely used in stream evasion studies [e.g., Wallin et al.,
2013, and references within] as
EIji52
ðPCO22Water2PCO22AtmÞ3kHji3:012
 
3wCO23VWater
j
i
HjiSABed
(3)
where kH (mol CO2/L atm) is the Henry’s law coefficient and varies as a function of temperature [Masters
and Ela, 2008], PCO2 (atm) is the partial pressure of CO2, wCO2 (m s
21) is the gas transfer velocity, and Dt is
the model time step. The coefficient, 0.012 (kgC/mol CO2), accounts for the atomic mass of carbon present
in aqueous CO2. ISOFLOC models partial pressure of CO2 in the water utilizing carbonate equilibrium
kinetics [Masters and Ela, 2008; Doctor et al., 2008]. While beyond the scope of this study, data sets that are
sensitive to evasion should test the efficacy of the model presented herein against more sophisticated eva-
sion models that can provide site-specific parameterization [e.g., Raymond et al., 2012]. ISOFLOC assumes
that if CO2 is not super saturated, assimilation is the sole removal process of DIC since an influx of atmos-
pheric CO2 will make the water acidic, favoring algal production over calcium precipitation. For the invasion
rate, the model assumes CO2 diffuses from the atmosphere to the stream until PCO2 is equal to that of the
atmosphere (e.g., until it reaches saturation conditions). ISOFLOC neglects the DOC reactions with the
streambed since autochthonous carbon from algal exudates are turned over quickly and make up a small
portion of transported DOC [Cole et al., 1982; Lyon and Ziegler, 2009; Hotchkiss and Hall, 2015]. ISOFLOC esti-
mates DOC flux by multiplying DOC concentrations (kgC m23) by streamwater Q at the watershed outlet at
each time step.
The formulation for benthic algae (APOC) growth and fate accounts for algal DIC fixation during
growth, C lost from the algal pool during respiration and decomposition, and algal transport from the
benthic region due to sloughing. This subroutine of the formulation stems from the Ford and Fox
[2014] model which was a modification of the original Rutherford et al. [2000] framework. APOC (kgC) is
simulated as
APOCji 5APOC
j
i211ðFix
j
i 1APOC
j
i Col2Re s
j
i2DECAPOC
j
iÞSABedDt2Slough
j
i; (4)
where APOCcol (kgC m
22 d21) is the algal colonization rate and DECAPOC (kgC m
22 d21) is the breakdown
rate of coarse algae to fine sediment algae and is assumed to vary proportionally with heterotrophic bacte-
rial growth [e.g., White et al., 1991], and Slough (kgC) is the carbon eroded from the algal mat. ISOFLOC
models algal sloughing using shear and supply limited conditions as
Sloughji5min k s
j
i f 2s
APOC
cr
 
qAPOCS SABedDt;APOC
j
i
h i
: (5)
where k (m21) is the erodibility coefficient, sf (Pa) is the shear stress of the fluid at the centroid of the ero-
sion source, scr (Pa) is the critical shear stress of the erosion source, and qs (kg m
23) is the bulk density of
the source. The model assumes sloughed algae is exported from the watershed, since algal material is rela-
tively neutrally buoyant and is not expected to settle out of suspension during flow conditions that induce
sloughing.
ISOFLOC simulates sediment transport mechanics as the basis for POC transport and temporary storage.
Specifically, the model simulates fine sediment transport for streams with SFGL following the formulation
by Russo and Fox [2012] and utilized by Ford and Fox [2014] as
SSji5SS
j
i211E
j
i Bank1E
j
i Bed2D
j
i1Q
j
i SSinDt2Q
j
i SSoutDt; (6)
where SS (kg) is the suspended sediment in the water column, E (kg) is the erosion from streambank and
streambed sources, D (kg) is deposition to the bed, QSS (kg s
21) is suspended sediment transported into
Water Resources Research 10.1002/2015WR016999
FORD AND FOX ISOFLOC FORMULATION, SENSITIVITY AND EVALUATION 4050
and out of the modeled reach, and Dt (s) is the time step. ISOFLOC considers shear resistance, the transport
carrying capacity of the fluid, and supply of the erosion source as potential limiting factors for sediment
entrainment for both the streambed and the streambanks as
Eji
I5min k sji f 2s
I
cr
 
qISSAIDt; T
j
i C2SS
j
i21; S
j
i21
I
h i
; (7)
where (I) represents the sediment source, Tc (kg) is the transport carrying capacity, and S (kg) is the sedi-
ment supply. Parameterization of the erodibility coefficient (k) and fluid shear stress (sji f ) follow the
method of Hanson and Simon [2001]. The model estimates Tc using a Bagnold like expression [Chien and
Wan, 1999] as
T ji C5c
j
TC
sji f
 2
ws
LjDt; (8)
where cTC (s
21) is the transport capacity coefficient, ws (m s
21) is the particle settling velocity, and L (m) is
the length of the reach. The model estimates deposition of sediment to the streambed as
Dji5
wsDt
kpH
j
i
SSji212T
j
i C
h i
; (9)
where kp is the concentration profile coefficient, and H (m) is the water column height. ISOFLOC assumes
bank supply is infinite, but budgets streambed sediment as
Sji Bed5S
j
i21Bed2E
j
i Bed1D
j
i1Gen
j
i : (10)
where Gen (kg) is the cumulative mass of inorganic and organic fine sediment generated from APOC (APOC
in the SFGL divided by its C content).
ISOFLOC continuously simulates FPOC concentration in the streambed (CFPOC-Bed) based on the formulation
of Ford and Fox [2014] as
Cji FPOC2Bed5ð
Cji21FPOC2Bed  S
j
i21Bed
100
1ðDECAPOC ji2DEC
j
i FPOC2Alg ae2DEC
j
i FPOC2uplandÞSABedDt
1
DjiCUpland2E
j
i Bed C
j
i21FPOC2Bed
100
Þ  100=Sji Bed;
(11)
where DECFPOC-Algae (kgC m
22 d21) is the decomposition rate of algal FPOC, DECFPOC-Upland (kgC m
22 d21) is
the decomposition rate of upland soil derived FPOC, and C (%) is the percentage carbon of a given sedi-
ment carbon source. The model estimates transported FPOC concentration (CFPOC-T) by multiplying carbon
weighted fractions for the total suspended carbon load, derived from the sediment transport model, by C
of each source.
ISOFLOC simulates stable carbon isotope mass balances with Rayleigh fractionations [Sharp, 2007] for
APOC, DIC, and FPOC pools as
d13Cji 5d
13Cji21X
C i21j1
X
d13Cinputs
j
iX
C
inputs
j
i
2
X
d13Coutputs
j
i
XCoutputs
j
i2
X
efrac
j
i ln ðffrac
j
iÞ; (12)
where XC represents the fraction of carbon in a given pool and is estimated using outputs from the afore-
mentioned sediment and mass-balance C models, e is the enrichment factor during an isotopic fractionation
process. In Rayleigh fractionation, eA-B is defined as
eA2B5
ð13C=12CÞA
ð13C=12CÞB
21
" #
31000 (13)
where A is the product and B is the reactant in equation (12). f is the fraction of a substrate remaining after
the isotope fractionation process occurs and is derived from the appropriate C mass-balance. Implementing
known inputs, outputs, and fractionation processes for APOC, DIC, and FPOC into equations (12)(13), the
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isotopic submodel simulates d13CAPOC as
d13CAPOC
j
i5d
13CAPOC
j
i21X
C
APOC i21
j2d13CSlough
j
iX
C
Slough
j
i
1d13CFix
j
i X
C
Fix
j
i2eRe sln ðfRe s
j
iÞ2eDECðAPOCÞ ln ðfDECðAPOCÞ
j
iÞ;
(14)
where d13CFix is a function of d
13CDIC and the fractionation imparted by algal assimilation. d
13CDIC is esti-
mated as
d13CDIC
j
i5d
13CDIC
j
i21X
C
DIC i21
j1d13CDIC2in
j
i X
C
DIC2in
j
i2d
13CDIC2out
j
iX
C
DIC2out
j
i1d
13CRe s
j
i X
C
Re s
j
i
1d13CDis
j
i X
C
Dis
j
i1d
13CInv
j
i X
C
Inv
j
i2eEvaln ðfEva
j
iÞ2eFix
j
i ln ðfFix
j
iÞ2ePr eln ðfPr e
j
iÞ;
(15)
where eFix varies temporally and spatially since previous studies have shown that enrichment factors at
low concentrations of aqueous CO2 are significantly lower than at high aqueous CO2 concentrations
[e.g., Riebesell et al., 2000]. While the relationship between partial pressure of CO2 and eFix is still not
clearly defined [Bade et al., 2006], ISOFLOC assumes an exponential decay for eFix as a function of the
inverse of CDIC since findings of Riebesell et al. [2000] suggest low sensitivity of eFix at moderate-high CDIC
and a steep decline for decreasing DIC at low CDIC, reminiscent of an exponential decay relationship. ISO-
FLOC simulates d13CFPOC-Bed as
d13CFPOC2Bed
j
i5d
13CFPOC2Bed
j
i21X
C
FPOC2Bed i21
j2d13CE
j
iX
C
E
j
i1d
13CDECðAPOCÞ
j
iX
C
DECðAPOCÞ
j
i1d
13CD
j
i X
C
D
j
i
2eDECðFPOC2Alg aeÞln ðfDECðFPOC2Alg aeÞ jiÞ2eDECðFPOC2UplandÞln ðfDECðFPOC2UplandÞ
j
i
Þ:
(16)
ISOFLOC estimates the isotopic signature of fine transported sediment (d13CFPOC-T) using a simple mass bal-
ance that calculates the carbon weighted average of source contributions and their associated isotopic sig-
natures (i.e., d13CFPOC-Bed, d
13CUpland, and d
13CBank).
2.2. Model Evaluation
Figure 3 provides a flowchart of methods for evaluation of ISOFLOC. Evaluation of ISOFLOC consists of (1)
an exploratory, global sensitivity analysis that utilizes nominal ranges established for site specific conditions,
(2) calibration and validation of the model under uncertainty for response variables using well-accepted sta-
tistical metrics, (3) estimation of the fluvial organic carbon budget utilizing uncertainty bounds, (4) compari-
son of the results against literature published values, and (5) rerunning the calibration using additional
response variables to reduce uncertainty. In the following subsections, we provide the general procedure
for performing sensitivity, calibration, and uncertainty evaluations of ISOFLOC.
2.2.1. Sensitivity Analysis
We recommend global sensitivity of ISOFLOC due to the numerous model parameter interactions that can
impact model response variables. Two primary ISOFLOC response variables are CFPOC-T(av) and d
13CFPOC-T(av)
because: (i) it is important to understand how the new isotope submodels add additional information to
the carbon mass-balance model; (ii) CFPOC-T(av) and d
13CFPOC-T(av) have been previously shown to have sea-
sonal and annual oscillations at the watershed scale indicative of source variability and in-stream processes
[Ford and Fox, 2014; Ford et al., 2015]; and (iii) the impact of highly nonlinear feedbacks between physical
and biological processes, and subsequently parameters, on CFPOC-T(av) and d
13CFPOC-T(av) are not intuitive and
the sensitivity analysis helps to better understand these linkages. ISOFLOC sensitivity analysis uses quantita-
tive apportionment based on a variance-based sensitivity analysis. Variance based methods are widely used
in hydrologic and water quality modeling studies [Wang et al., 2006; Nossent et al., 2011; Herman et al.,
2013]. ISOFLOC sensitivity uses low discrepancy, quasi-random Sobol sequences to generate a sample and
resample (N3d) matrix (A and B respectively) with N rows of sequences, and d columns of sensitive parame-
ters following from the methods of Sobol’ [2001] and Salteli et al. [2010]. The method performs resampling
for each potentially sensitive parameter (AiB for i51, 2, 3. . ., d) whereby column i from matrix A is replaced
with column i from matrix B to generate AiB, with all other columns in A
i
B coming from A
I (e.g., matrix A
without the ith column). The sensitivity method calculates first and total order sensitivity indices since they
provide primary effects of a variable and the cumulative effects of a parameter and it’s covariance with
other parameters in a model respectively. Our ISOFLOC evaluation uses both Saltelli and Jansen estimators.
The Salteli et al. [2010] estimator estimates first-order effects, while the Jansen estimator estimates total
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order effects as these have been highlighted as best practice for variance-based sensitivity analysis [Jansen,
1999; Salteli et al., 2010].
2.2.2. Model Calibration, Validation, and Uncertainty Analysis
ISOFLOC performs model calibration, validation and uncertainty analysis to generate a model uncertainty
range (Figure 3). ISOFLOC utilizes a user defined number of Sobol sequences (set to 20,000 currently), reads
in each parameter set, runs ISOFLOC, and outputs model results. A submodel in ISOFLOC compares model
and measurement results against statistical metrics for response variables and the parameter set is either
accepted as a potential solution or rejected and excluded from uncertainty bounds. ISOFLOC accounts for
uncertainty reduction using single-objective, CFPOC-T, and multiobjective approaches, both CFPOC-T and
d13CFPOC-T [van Griensven and Bauwens, 2003; Rode et al., 2007], by calculating the percent reduction in the
range of transported organic carbon pools.
With regard to statistical metrics, statistical metrics to evaluate model performance have typically been
developed for loadings, and current guidelines may not be applicable to concentrations or stable isotope
signatures [Moriasi et al., 2007]. ISOFLOC uses slight modifications to existing published metrics to be
1) Exploratory Sensitivity 
Analysis
1a) Establish nominal range 
for parameters
1b) Assume parameter 
distribution and generate the 
sample and resample matrices
1c) Run ISOFLOC for all 
sequences in sample and 
resample matrices (A, B, Ab
i
)
1d) Calculate sensitivity 
indices (first to total order) for 
specified response variable
1e) Is the parameter 
sensitive (Si or 
STi>0.02)  
No 
1f) Average value within the 
nominal range is used.
Yes 
2) Model Evaluation (if 
response variable>1 go to 
2b).
2a) Run an uncertainty 
analysis with quasi-random 
Sobol sequences (20,000 total 
runs for present study)
2b) Calculate 
statistics for 
response 
variable 
during 
calibration.  
Statistical 
Metrics
NSE, RSR, 
PBIAS
Does the model meet the 
specified criteria 
No 
2d) Remove parameterization 
set from potential solution set.
Yes (2b) 
2c) Calculate 
statistics for 
response 
variable 
during 
validation.  
Statistical 
Metrics
NSE, RSR, 
PBIAS
3) Model Output
Yes  
(2c) 
3a) Utilize parameter sets to 
generate a range of solutions 
to the fluvial organic carbon 
budget.
4) Check values against 
published literature values.
3b) Report ranges for each C 
pool of interest (FPOC, 
APOC, DOC, Respiration, 
Assimilation)
To test the uncertainty 
reduction through an 
added response variable, 
return to the model 
evaluation step with 
multiple response 
variables.
Figure 3. Model evaluation procedure in ISOFLOC for (1) exploratory sensitivity analysis, (2) model calibration/validation, (3) uncertainty
analysis, and (4) validation of output through comparisons with similar watershed systems.
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applicable to the stable isotope and concentration variables including root mean square error of the stand-
ard deviation of measured data (RSR), Nash-Sutcliffe efficiency (NSE), and percent bias (PBIAS) [Moriasi et al.,
2007]. Inclusion of a parameter set in the uncertainty analysis requires a RSR<0.8 and NSE>0.4 for both cali-
bration (2/3 of the data) and validation (1/3 of the data) of the sediment carbon content signatures and
RSR<1 and NSE>0 for calibration and validation of the sediment carbon isotopic signatures. Further, a
PBIAS threshold of 620% ensures model simulations do not consistently over or underestimate measured
data. The specified statistics ensure that the model outputs always provide statistically stronger goodness-
of-fit to a mean trend suggesting that each of the acceptable model simulations reflect underlying
processes.
3. ISOFLOC Case Study
ISOFLOC was applied for an 8 year simulation period in the South Elkhorn watershed (Figure 4) in order to
provide a case study of the model formulation, results and evaluation. The South Elkhorn is a low gradient,
agricultural and urban impacted, temperate system (62 km2) located in the Bluegrass Region of central Ken-
tucky. In general, sediment erosion rates in the uplands are low in the agriculturally dominated watershed
because the region has strict conservation measures in place on the pristine horse farms to support the
equine industry. However, the watershed experienced disturbances in 2006–2007 associated with urbaniza-
tion and construction, as well as storm events and high sediment transport throughout 2006. For ISOFLOC
testing, modeling of the benthos focused on the main-stem due to the high residence times and favorable
conditions for autochthonous production and decomposition (e.g., shallow water depths, low velocities,
and open canopy). We accounted for inflow of water, sediment, and carbon constituents to the modeled
stream from the tributaries upstream of the main stem and laterally along the main stem using empirical
and physically based relationships published in previous studies in the watershed [Fox et al., 2010; Russo,
2010; Ford, 2011; Russo and Fox, 2012]. The ISOFLOC application simulated a 30 min time step in six
Figure 4. Modeling domain for the main stem of the South Elkhorn watershed (box) and its associated location within the HUC 6 Kentucky
River Basin (bottom right). The polygons within the Kentucky River Basin represent HUC 12 watersheds.
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equivalently sized reaches over the 8 year period to ensure the simulated transport of sediment and dis-
solved constituents during the time step was on the same order of magnitude as the ambient travel time
in-stream.
3.1. South Elkhorn Parameterization and Evaluation Data
Table 1 shows parametrization of ISOFLOC, including parameter IDs, parameter descriptions, references,
units, and nominal ranges, for the South Elkhorn application accomplished through field-based measure-
ments. We collected weekly measurements of pH at two sites along the main stem of the study site and for
parameterization in the DIC submodel. We collected tributary DIC concentrations (CDIC-in) monthly for 9
months at two tributaries and two main stem locations via instantaneous grab samples that were filtered
using GF-F (0.7 mm) filters. Samples were subsequently analyzed using a UIC Carbon Dioxide Coulometer
CM5014. We assumed speciation constants (K1 and K2) for chemical equilibrium at 258C since variability
associated with temperature fluctuations is small in freshwater streams [Masters and Ela, 2008]. The average
gas transfer velocity (wCO2) was parameterized using ranges of low-order streams in the Midwestern U.S.
[Butman and Raymond, 2011; Raymond et al., 2012]. Partial pressure of CO2 in the atmosphere (PCO2-Atm) was
assumed spatially homogenous and reflects recent estimates. Precipitation of carbonate minerals (Pre) and
dissolution of carbonate minerals (Dis) were parameterized using results of a DIC mass balance model appli-
cation in a low-order agricultural stream [Tobias and Bohlke, 2011]. We collected dissolved organic carbon
(DOC) samples monthly for 9 months at two tributaries and two main stem locations via instantaneous grab
samples that were filtered using GF-F (0.7 mm) filters. Samples were subsequently analyzed using a Teledyne
Table 1. Inputs and Parameterization for the South Elkhorn Application of ISOFLOC
Parameter ID Parameter Description
Range Simulated
in Model Source for Selected Range Units
Carbon Mass Balance Model
pH Streamwater pH 7–8.5 Measured at study site
CDIC-IN Concentration of dissolved inorganic carbon in tributaries 10–60 Measured at study site mgC L
21
K1 Speciation constant for carbonate equilibrium kinetics 4.47310
27 Masters and Ela [2008]
K2 Speciation constant for carbonate equilibrium kinetics 4.68310
211 Masters and Ela [2008]
PCO2-Atmosphere Partial pressure of CO2 in the atmosphere 380 Wallin et al. [2013] ppm
wCO2 Gas transfer velocity of CO2 3.47–6.94310
25 Butman and Raymond [2011] m s21
Pre Precipitation of particulate inorganic carbon 0–6.67310228 Tobias and Bohlke [2011] kgC m22 s21
Dis Dissolution of particulate inorganic carbon 0–1.6731028 Tobias and Bohlke [2011] kgC m22 s21
CDOC Concentration of streamwater dissolved organic carbon 1.1–1.7 Measured at study site mgC L
21
CAPOC Carbon content of newly generated algal biomass 0.41 Gosselain et al. [2000] gC gSed
21
palgae Density of algae 1100 Droppo and Stone [1994] kg m
23
salgaecr Critical shear stress of algae 0.2–2 Droppo and Stone [1994] Pa
Pcol Colonization rate of algal biomass 1310
262131024 Rutherford et al. [2000] kgC m22d21
PMax Maximum fixation rate of algal biomass 0.4–7.7310
23 Rutherford et al. [2000] kgC m22d21
IK Light Saturation coefficient 230 Rutherford et al. [2000] mmolm
22s21
Tmin Minimum temperature for growth 5 Rutherford et al. [2000] 8C
Topt Optimum temperature for growth 20 Rutherford et al. [2000] 8C
Tmax Maximum Temperature for growth 30 Rutherford et al. [2000] 8C
Psat Density dependence coefficient 2.5310
23 Rutherford et al. [2000] kgC m22 d21
Presp Respiration rate of the algal mat 0.025–0.15 Rutherford et al. [2000] d
21
Pkresp Temperature coefficient for algal respiration 1.05 Rutherford et al. [2000]
Tref Reference Temperature 20 Same as optimum temperature 8C
DECAPOC Decomposition of coarse to fine algal carbon 0.1–1.5310
22 Lit meta-analysis (see in text citations) d21
DECFPOC-Algae Decomposition of fine to dissolved algal carbon 0.01–1310
22 Lit meta-analysis (see in text citations) d21
DECFPOC-Upland Decomposition of fine soil carbon to dissolved inorganic carbon 0.1–1310
24 Lit meta-analysis (see in text citations) d21
CUpland Carbon content of hillslope sediments 0.02–0.04 Measured at study site gC gSed
21
CBank Carbon content of bank sediments 0.0104–0.0205 Measured at study site gC gSed
21
Stable Carbon Isotope Mass Balance Model
eDEC-APOC Fractionation associated with decomposing algae 0–2 Jacinthe et al. [2009] &
eAssimilation-Max Maximum fractionation associated with algal carbon fixation 15–25 Tobias and Bohlke [2011] &
d13CDIC-IN Isotopic signature of inflowing dissolved inorganic carbon 210 to 215 Measured at study site &
d13CDis Isotopic signature of dissolved inorganic carbon from dissolution 5 to 28 Sharp et al. [2007] &
d13CInv Isotopic signature of atmospheric CO2 27 to 29 Sharp et al. [2007] &
eEvasion Fractionation associated with stream channel evasion to the atmosphere 0–4 Doctor et al. [2008] &
d13CBank Isotopic Signature of bank sediment carbon 223.9 to 226.1 Measured at study site &
d13CUpland Isotopic signature of hillslope sediment carbon 225.7 to 227.4 Measured at study site &
eDEC-FPOC Fractionation associated with decomposition of fine sediment carbon 0–2 Jacinthe et al. [2009] &
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Tekmar Torch TOC analyzer. Results suggest conservative transport of DOC in the stream since measure-
ments in the main stem fell between tributary end-members at both high and low flow conditions. Further,
DOC concentrations did not show major temporal trends; hence an average concentration was used to esti-
mate the DOC.
Carbon content of coarse algal biomass (CAPOC) was parameterized from elemental signatures of riverine
algal biomass [Gosselain et al., 2000]. We parameterized physical parameters of the algal mat, including bulk
density and critical shear stress (qAlgae and s
algae
cr ), using ranges for laboratory studies of surface fine grained
laminae [Droppo and Stone, 1994]. Rates and thresholds for algal production and respiration including colo-
nization rate of algae (PCol), the maximum fixation rate of algal biomass (PMax), light saturation coefficient
(IK), minimum temperature for algal growth (TMin), optimum temperature for algal growth (Topt), maximum
temperature for algal growth (Tmax), the density dependence coefficient governing maximum algal biomass
(Psat), autotrophic respiration rate (Presp), temperature coefficient for algal respiration (Pkresp), and reference
temperature for algal growth (Tref) were based on a synthesis of measurements from autochthonous domi-
nated stream ecosystems and model parameterization in a similar low-order, agricultural watershed [Ruther-
ford et al., 2000, and references within]. We performed a meta-analysis of field studies reporting
decomposition of coarse and fine organic carbon to provide ranges for breakdown rates of different carbon
pools including algal carbon (DECAPOC), fine particulate organic carbon associated with a labile pool (DECF-
POC-Algae), and fine particulate organic carbon associated with the stable organic pool (DECFPOC-Upland) [Sinsa-
baugh et al., 1994; Webster et al., 1999; Alvarez and Guerrero, 2000; Jackson and Vallaire, 2007; Yoshimura
et al., 2008]. Carbon concentrations of upland hillslope soils and bank sediments (CUpland and CBank) were
measured in the watershed using transported sediment samples collected from upland tributaries during
storm flows and grab samples from scouring banks. Samples were analyzed through combustion on an ele-
mental analyzer.
With regard to the stable isotope mass balance model, the enrichment ratio associated with decomposi-
tion of algae (eDEC-APOC) and the enrichment ratio associated with decomposition of fine sediment carbon
(eDEC-FPOC) were assumed analogous to fractionations associated with terrestrial organic matter decompo-
sition and were parameterized using values observed in soil carbon profiles in a watershed with similar
characteristics [Jacinthe et al., 2009]. We parameterized the maximum fractionation associated with fixa-
tion of dissolved inorganic carbon (eAssim-Max) using results of a DIC mass balance model application in a
similar, low-order agricultural stream [Tobias and Bohlke, 2011]. For DIC, the carbon isotopic signature of
tributary DIC (d13CDIC-IN) was measured using 0.45 mm filtered grab samples that were acid-digested with
5% phosphoric acid, and analyzed on a GC column interfaced with an isotope ratio mass spectrometer
(IRMS), similar to the method discussed by Doctor et al. [2008]. The carbon isotopic signature of
dissolved carbonate minerals (d13CDis) and isotopic signature of DIC from invasion from the atmosphere
(d13CInv) were estimated using well accepted values for carbonate minerals, the dissolution source, and
atmospheric CO2 [Sharp et al., 2007]. We parameterized fractionation associated with evasion of CO2 to
the atmosphere (eEvasion) conservatively using estimates from a headwater stream where evasion is a
dominant mechanism in DIC dynamics [Doctor et al., 2008]. Carbon isotopic signatures of upland
and bank sediments (d13CUpland and d
13CBank) were measured in the watershed using transported sedi-
ment samples collected at high flows and grab samples from scouring banks respectively and were ana-
lyzed on an IRMS. To account for surficial erosion during the period of upland disturbance between
2006 and 2008, the d13CUpland and CUpland were altered to fit the shift observed in the data. A d
13CUpland
of 224& and CUpland of 1.3% were used from 30 May 2006 to 31 December 2007 to generate the best
model fit.
We collected 8 years of semiweekly elemental and isotopic signatures of transported FPOC to calibrate and
validate the numerical model using temporally and spatially integrated transported sediment samples [Phil-
lips et al., 2000]. A total of 327 samples were collected from 2006 to 2013. In the lab samples were centri-
fuged, decanted, frozen, freeze dried, wet sieved to isolate the fines fraction, ground, acidified with 6%
sulfurous acid, and analyzed on a Costech elemental analyzer interfaced with a GC column and IRMS
[Verardo et al., 1990; Rowe et al., 2002]. Samples were removed from the evaluation data set if they were too
small to wet sieve or the sediment trap inlet was clogged in the field. In total, 209 samples were available
for model evaluation, of which two-thirds were used for model calibration and one-third was used for vali-
dation. We randomly selected the subsets of data used for model calibration and validation. For elemental
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and isotopic signatures, standard devia-
tions of reference materials were 0.82%
and 0.04&, respectively, while standard
deviations of unknowns were 0.07 %
and 0.04&, respectively.
3.2. South Elkhorn Application Results
Results of the global, variance-based
sensitivity analysis for the average car-
bon content of transported sediment
carbon (CFPOC-T(av)) and the average car-
bon isotopic signature of transported
sediment (d13CFPOC-T(av)) show the nonli-
nearity of the model as evidenced by
the sum of first order indices (Si 50.8),
total order indices (STi51.2–1.3), and the
high scatter in the plots (Table 2 and Fig-
ure 5). Variance of average carbon con-
tent of transported sediment carbon was
primarily governed by coupled interac-
tions between the variability in decom-
position of organic matter and
maximum algal biomass, while variance
of d13CFPOC-T(av) was primarily governed
by coupled interactions between variability of algal shear stress and DIC concentration (Table 2). When
compared to the average isotopic signature of transported sediment carbon, negative relationships were
observed for scralgae, Presp, DECAPOC, CDIC, eAssim-max, and positive relationships were observed for Pmax, d
13CDIC,
and DECFPOC-Algae (Figure 5). When compared to the average carbon content of transported sediment
carbon, positive relationships were observed for CDIC-IN, scralgae, Pmax, and DECFPOC-Algae and negative relation-
ships were observed for Presp and DECAPOC. As evidenced in the relationship between average carbon
content of transported sediment and the maximum fractionation associated with algal assimilation
(eAssim-max), variables that were insensitive displayed noisy relationships with no distinct increasing or
decreasing trends.
Results for the average isotopic signature of transported sediment carbon were of particular interest in that
coupling DIC and isotope mass-balances promote coupled feedbacks between concentrations of tributary
DIC inputs (CDIC-IN) and the critical shear stress of algal biomass (scralgae). The critical shear stress of algal bio-
mass showed a shift in the response of the minimum value for d13CFPOC-T(av) from 226& to 230& occur-
ring at 0.7 Pa. The reason that d13CFPOC-T(av) output by the model was sensitive to the inherent shear stress
of the algae to resist detachment was due to the linkage of biological and physical processes in the benthic
algal layer. Holding all other parameters constant, low critical shear stress conditions, e.g., 0.3 Pa, produced
relatively high rates of algal sloughing and in turn pronounced algal growth toward equilibrium resulting in
net DIC assimilation by algae of 94 tC yr21 and an average d13CAPOC of 227&. High critical shear stress con-
ditions, e.g., 1.3 Pa, produced relatively low algal sloughing rates and less algal growth resulting in net DIC
assimilation by algae of 51tC yr21 and an average d13CAPOC of 231&. As a result when DIC concentrations
and critical shear stress of algae were low, an unrealistic scenario was achieved (d13CFPOC-T(av)> 226&). Con-
versely when DIC concentrations and critical shear stress of algae were high, a more realistic scenario was
achieved (226%<d13CFPOC-T(av)> 231&). The coupled, nonlinear, behavior was reflected in Table 2 by
higher total order indices for DIC concentration and algal shear resistance (0.35 and 0.28, respectively) rela-
tive to first order indices (0.24 and 0.00, respectively).
Visual observation of the model calibration time series of transported sediment carbon suggested good
agreement between modeled and measured d13CFPOC and CFPOC results on seasonal, annual, and multian-
nual timescales (Figure 6). Seasonally, the model captured increases in CFPOC and decreases in d
13CFPOC dur-
ing summer and fall when accumulation of algal POC in the surface fine-grained laminae was pronounced
while decreases in CFPOC and increases in d
13CFPOC occured during winter and spring when decomposition
Table 2. First and Total Order Sensitivity Indices for CFPOC-T(av) and d
13CFPOC-T(av)
for Each of the Sensitive Parameters in the C and 13C Mass Balancesa
First-Order Index Si Total Order Index STi
Parameter CFPOC-T(av) d
13CFPOC-T(av)
b CFPOC-T(av) d
13CFPOC-T(av)
b
CDIC-IN 0.01 0.24 0.02 0.35
salgaecr 0.08 0.00 0.09 0.28
eAssimilation-Max 0.00 0.10 0.00 0.13
Presp 0.05 0.15 0.06 0.12
PMax 0.16 0.12 0.21 0.09
DECFPOC-Algae 0.37 0.00 0.56 0.09
d13CDIC-IN 0.00 0.09 0.00 0.08
DECAPOC 0.14 0.10 0.23 0.07
ce-Assim 0.00 0.00 0.00 0.03
pH 0.00 0.00 0.00 0.02
eDEC-APOC 0.00 0.00 0.00 0.01
d13CUpland 0.00 0.00 0.00 0.01
CUpland 0.01 0.00 0.01 0.00
Total 0.82 0.83 1.18 1.28
aValues that were less than zero and associated with numerical integration
of the Monte-Carlo method in the sensitivity analysis are assumed to have no
impact on the model and thus are assumed equal to zero.
bNote that indices for d13CFPOC-T(av) are subject to error from both Monte-
Carlo integration and removal of erroneous values (average
d13CFPOC-T(av)<2100) however still provide adequate assessments of sensitive
variables despite having slightly higher first as compared to total order indices
for specific variable. Additional simulations did not improve first order esti-
mates of d13CFPOC-T(av).
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of algal biomass outweighed production and transport of eroded hillslope sediments. Annual variability of
peaks in the transported carbon signature corresponded to frequency of storm events during the growing
season as can be observed by smaller peaks during the wet summer of 2009 and enhanced peaks during
Figure 5. Sensitivity analysis of the ISOFLOC model displays the response of (left) d13CFPOC-T(av) and (right) CFPOC-T(av) to the eight most sensitive model parameters. The values plot-
ted the average specified parameter value for that run.
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the dry summer of 2008. Lastly, positive increasing trends for CFPOC-T and decreasing trends for d
13CFPOC-T
were consistent for measured data and model simulations throughout the 8 year model evaluation. Thus,
the model showed the ability to capture variability of transported organic carbon at numerous temporal
scales for the watershed application. Quantitatively, statistical comparison of measured and modeled results
(Table 3) showed that two hundred and thirty potential solutions exist for the single-objective application
and ten potential solutions exist for the multiobjective application. This result is further reflected in the
reduction in range of simulated d13CFPOC when utilizing the multiobjective evaluation (Figure 6).
Simulated values were significantly higher than measured values during the growing season of 2007, coin-
ciding with the watershed disturbances. During 2006–2007 there were pronounced upland land-use change
disturbances and frequent storms promoting upland erosion. d13C of transported sediment were relatively
high during the time period ranging from 224 to 226& and reflecting a deep soil source or bank source
(d13C ranges from 224 to 225& for soils at depth and banks). On the contrary, d13C was relatively low in
2008–2013 when watershed disturbance was not as pronounced with d13C of transported sediment ranging
from 226 to 230& and more reflective of surface soils (d13C 226 to 227&) and algal biomass (d13C
ranges from 230 to 240& for algae). Further, the ability to capture between event variability was tested
for the model evaluation period using scatter plots of differences between datapoints (Figure 7). Points that
plotted in the I or III quadrant suggest the model adequately captured between event variability whereas
points that plotted in the II or IV quadrant suggest low accuracy at capturing between event variability.
Model performance from 2006 to 2007 did not estimate between event variability in either data set as well
as results from 2008 to 2013, which did capture between event variability very well. Linear regression of the
scatter plots showed that for 2008–2013 the coefficient of determination for the elemental and isotopic
model results were 0.38 and 0.15 respectively with slopes of 1.0 and 0.6 respectively. Further for 2006–2007
the coefficient of determination for the elemental and isotope signatures were 0.07 and 0.03 respectively
with slopes of 0.3 and 20.2 respectively.
4. Discussion
4.1. Model Advancement
Our results suggest that coupling numerical models of sediment carbon mass balance to dissolved inor-
ganic carbon and isotopic mass balances provide model feedbacks that allow for a unique calibration of the
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Figure 6. Seasonally averaged uncertainty analysis using the model evaluation framework with (a, b) carbon content of transported fine
sediments and (c, d) both carbon content of transported fine sediment and stable carbon isotopic signature of transported fine sediment.
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water quality modeling framework that may
not have been realized otherwise. Results of
the South Elkhorn sensitivity analysis high-
lighted that the average isotopic signature of
transported sediment carbon (d13CFPOC-T(av))
was uniquely sensitive to coupled interac-
tions between critical shear stress of algae
and DIC concentration (Table 2) which
required a shear stress exceeding 0.7 Pa and
high dissolved inorganic carbon concentra-
tions to attain an average d13CFPOC-T(av) lower
than 226& (Figure 5). Under-estimating crit-
ical shear stresses resulted in overestimation
of DIC assimilation by algae, and low DIC
concentrations promoted fuller assimilation
of the dissolved inorganic carbon pool by
algae. As the fraction of the dissolved inor-
ganic pool that assimilated by algal biomass
increased, the isotopic signature of the algal
biomass moved toward that of dissolved
inorganic carbon (d13CDIC213.5&) because isotopic fractionation of the lighter 12C became less pro-
nounced. As a result, model goodness of fit for the carbon isotopic signature of transported sediment car-
bon was poor during simulations in which both critical shear stress of algae and dissolved inorganic carbon
concentration were low (<0.8 Pa, and <0.3kg m23).
In addition, we found that the new isotope submodel reduced uncertainty in fluvial organic carbon budget esti-
mates for the case study presented. Sensitivity analysis results for the South Elkhorn application suggest that
the additional isotope submodel only added two additional sensitive parameters that were not sensitive com-
ponents of the elemental model [Ford and Fox, 2014] while adding three equations. Quantitatively, the ability of
the isotope routine to constrain uncertainty in the organic carbon budget was observed for the South Elkhorn
case study through reducing the model uncertainty range from two hundred and thirty to ten potential solu-
tions (Figure 6). When using the single objective calibration with only CFPOC, average sloughed algae fluxes had
uncertainty bounds of 0.18–4.15 tCkm22yr21 and FPOC fluxes had uncertainty bounds of 0.28–0.34
tCkm22yr21. When performing multiobjective calibration with the additional stable isotope routine, uncertainty
of FPOC flux was not reduced significantly, however algal biomass sloughing uncertainty range was reduced by
80% to 0.41–1.16 tCkm22yr21. The result suggests the need for caution when calibrating solutions using solely
CFPOC without simultaneously budgeting feedbacks from the carbon source.
4.2. Modeling Needs and Limitations
Despite the major advancements of the model and its ability to capture variability at different time scales,
results of the case study suggest some needs for future model improvements. First, the inability of the numeri-
cal model to simulate the shift of the isotopic and elemental signatures in October 2006, the subsequent return
to predisturbance conditions (Figure 6), and between event variability from 2006 to 2007 (Figure 7) suggest
poor performance during nonequilibrium streambed conditions. Nonequilibrium conditions in 2006–2007
stemmed from upland construction in the watershed and a high density of storms throughout 2006. High mag-
nitude flows, coupled with disturbed upland soils promoted deposition to the streambed, burying existing
SFGL and APOC [Russo and Fox, 2012]. As evidenced by the shift in the calibration data to more positive d13C
values, soil carbon eroded from the uplands during this period was predominantly deep terrestrial FPOC. Deep
sources of FPOC are less bioavailable than APOC or surface soil FPOC because they contain higher contents of
recalcitrant, complex carbon compounds such as lignin and cellulose [Vieira and Myklestad, 1986; Waite et al.,
1995; Lyon and Ziegler, 2009; Lane et al., 2013]. As a result, it is conceivable that microbial pools were subject to
nonequilibrium conditions following the deposition events as heterotrophs are sensitive to carbon quality. Fur-
ther, higher simulated values of CT relative to measured values during the 2007 growing season suggest that
extensive deposition limited accrual of algal biomass for a full growing season, which has been previously
Table 3. Goodness-of-Fit Metrics for the ISOFLOC Case Study With
Single-Objective (CFPOC) and Multiobjective (CFPOC and d
13CFPOC) Model
Evaluation
Single-Objective CFPOC d
13CFPOC
Calibration
NSE 0.40–0.72
RSR 0.53–0.78
PBIAS 29.9 to 8.3%
Validation
NSE 0.40–0.61
RSR 0.63–0.80
PBIAS 210.5 to 7.0%
Multiobjective CFPOC d
13CFPOC
Calibration
NSE 0.40–0.55 0.17–0.54
RSR 0.67–0.78 0.68–0.91
PBIAS 26.2 to 4.9% 21.1 to 1.3%
Validation
NSE 0.42–0.57 0.00–0.45
RSR 0.65–0.76 0.73–1.00
PBIAS 27.2 to 4.0% 20.9 to 1.3%
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hypothesized to occur as a result of limited light, oxygen, and nutrient delivery to existing stocks of algal bio-
mass buried under sediment deposits [Peterson, 1996].
In addition to limitations associated with modeling streambed disequilibrium, a limitation is possible
regarding the equilibrium conditions of the stable isotope subroutine. Although the stable isotope routine
had major advantages associated with its ability to trace sources of carbon, and help develop a unique cali-
bration, the Rayleigh formulations have limitations associated with representing nonequilibrium conditions
as highlighted by Maggi and Riley [2010]. Further work is needed to assess potential alternatives to repre-
sent dis-equilibrium conditions for watershed–scale models and to gain a more process based understand-
ing of disequilibrium conditions. That said, reliable fractionation data sets to parameterize the transient
processes associated with the nonequilibrium type model are not currently available and hence limit the
ability for model validation.
5. Conclusion
ISOFLOC and its innovative features, including the stable carbon isotope model subroutines and the coupling of
transfers between carbon pools, provide a stream carbon modeling framework that estimates carbon source,
fate, and transport results for hydrologists and ecologists. The following conclusions of this study are:
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Figure 7. Event variability for the (a, b) elemental and (c, d) isotope models. Plotted values are deviations between calibration points for measured (y axis) versus modeled (x axis). Points
that plot in first and third quadrants indicate the model adequately captures between-event variability. Points that plot in the second and fourth quadrants indicate that the model does
not capture between event variability.
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1. Global sensitivity analysis suggest that benthic rates, including algal growth, critical shear stress of algae,
and algal decomposition, are the most sensitive parameters impacting the isotope subroutines in ISO-
FLOC for the case study presented. Adjusting the benthic rates during calibration and matching observed
and model isotopic signatures reduces uncertainty of sloughed algal fluxes in ISOFLOC by 80%.
2. Results of transported elemental and isotopic carbon signatures from ISOFLOC and observed samples
show good to very good agreement on event, seasonal, and annual time scales for the case study appli-
cation. The result suggests that the coupling of DIC and POC phases and the strength of the stable iso-
tope calibration may be useful in future stream applications such as assessing ‘‘hot-moments’’ of nutrient
biotransformations, seasonal hypoxia in receiving water bodies, and large-scale annual C budgets.
We qualify the use of ISOFLOC for stream systems where benthic carbon processes including autochthonous
production and decomposition are prominent. Although not included in this study, rate limiting nutrient condi-
tions can be easily implemented, and the model parameterization can account for shifts in stream-bed gra-
dients. While the model is designed generally for application in a broad range of systems, the usefulness of
ISOFLOC in contrasting systems, e.g., forested systems, other urban and agricultural systems with different trans-
formation rates than those here, needs to be evaluated in order to highlight extent of applicability.
References
Alvarez, S., and M. Guerrero (2000), Enzymatic activities associated with decomposition of particulate organic matter in two shallow ponds,
Soil Biol. Biochem., 32, 1941–1951.
Bade, D. L., M. L. Pace, J. J. Cole, and S. R. Carpenter (2006), Can algal photosynthetic inorganic carbon isotope fractionation be predicted in
lakes using existing models?, Aquat. Sci., 68, 142–153, doi:10.1007/s00027-006-0818-5.
Battin, T. J., L. A. Kaplan, S. Findlay, C. S. Hopkinson, E. Marti, A. I. Packman, J. A. Newbold, and F. Sabater (2009), Biophysical controls on
organic carbon fluxes in fluvial networks, Nat. Geosci., 1, 95–100, doi:10.1038/ngeo101.
Bingner, R., F. D. Theurer, and Y. Yuan (2011), AnnAGNPS Technical Processes, USDA-ARS, Version 5.2.
Brunet, F., C. Potot, A. Probst, and J.-L. Probst (2011), Stable carbon isotope evidence for nitrogenous fertilizer impact on carbonate weath-
ering in a small agricultural watershed, Rapid Commun. Mass Spectrom., 25, 2682–2690, doi:10.1002/rcm.5050.
Butman, D., and P. A. Raymond (2011), Significant efflux of carbon dioxide from streams and rivers in the United States, Nat. Geosci., doi:
10.1038/ngeo1294.
Chapra, S., G. Pelletier, and H. Tao (2008), QUAL2K: A Modeling Framework for Simulating River and Stream Water Quality, Version 2.11: Docu-
mentation and User’s Manual, Civ. and Environ. Eng. Dep., Tufts Univ., Medford, Mass.
Chien, N., and Z. Wan (1999), Mechanics of Sediment Transport, Am. Soc. of Civ. Eng., Reston, Va.
Cole, J., et al. (2007), Plumbing the global carbon cycle: Intergrating inland waters into the terrestrial carbon budget, Ecosystems, 10, 171–
184, doi:10.1007/s10021-006-9013-8.
Cole, J. J., G. Likens, and D. Strayer (1982), Photosynthetically produced dissolved organic carbon: An important carbon source for plank-
tonic bacteria, Limnol. Oceanogr., 27(6), 1080–1090.
Dalzell, B., T. Filley, and J. Harbor (2007), The role of hydrology in annual organic carbon loads and terrestrial organic matter export from a
Midwestern agricultural watershed, Geochim. Cosmochim. Acta, 71, 1448–1462, doi:10.1016/j.gca.2006.12.009.
DiToro, D. M. (2001), Sediment Flux Modeling, John Wiley, Hoboken, N. J.
Doctor, D. H., C. Kendall, S. D. Sebestyen, J. B. Shanley, N. Ohte, and E. W. Boyer (2008), Carbon isotope fractionation of dissolved inorganic
carbon (DIC) due to outgassing of carbon dioxide from a headwater stream, Hydrol. Processes, 22, 2410–2423, doi:10.1002/hyp.6833.
Droppo, I., and M. Stone (1994), In-channel surficial fine grained sediment lamina. Part I: Physical Characteristics and formational processes,
Hydrol. Processes, 8, 101–111, doi:10.1002/hyp.3360080202.
Droppo, I., Y. Lau, and C. Mitchell (2001), The effect of depositional history on contaminated bed sediment stability, Sci. Total Environ., 266,
7–13.
Dubois, K. D., D. Lee, and J. Veizer (2010), Isotopic constraints on alkalinity, dissolved organic carbon, and atmospheric carbon dioxide
fluxes in the Mississippi River, J. Geophys. Res., 115, G02018, doi:10.1029/2009JG001102.
Flynn, K. F., S. C. Chapra, and M. W. Suplee (2013), Modeling the lateral variation of bottom-attached algae in rivers, Ecol. Modell., 267, 11–25.
Ford, W. I. (2011), Particulate organic carbon fate and transport in a lowland temperate watershed, MS thesis, Dep. of Civ. Eng., Univ. of Ky.,
Lexington.
Ford, W. I., and J. F. Fox (2014), Model of particulate organic carbon transport in an agriculturally impacted stream, Hydrol. Processes, 28(3),
662–675, doi:10.1002/hyp.9569.
Ford, W. I., J. F. Fox, and H. Rowe (2015), Impact of extreme hydrologic disturbance upon the sediment carbon quality in agriculturally-
impacted temperate streams, Ecohydrology, 8(3), 438–449, doi:10.1002/eco.1514.
Fox, J. (2009), Measurements of sediment transport processes in forested watersheds with surface coal mining disturbance using carbon
and nitrogen isotopes, J. Am. Water Resour. Assoc., 45(5), 1273–1289.
Fox, J., C. Davis, and D. Martin (2010), Sediment source assessment in a lowland watershed using nitrogen stable isotopes, J. Am. Water
Resour. Assoc., 46, 1192–1204, doi:10.1111/j.1752-1688.210.00485.x.
Fox, J. F., and A. N. Papanicolaou (2007), The use of carbon and nitrogen isotopes to study watershed erosion processes, J. Am. Water
Resour., 43(4), 1047–1064, doi:10.1111/j.1752-1688.2007.00087.x.
Gosselain, V., P. Hamilton, and J. Descy (2000), Estimating phytoplankton carbon from microscopic counts: An application for riverine sys-
tems, Hydrobiologia, 438, 75–90.
Hanson, G., and A. Simon (2001), Erodibility of cohesive streambeds in the loess area of the midwestern USA, Hydrol. Processes, 15(1),
23–38.
Acknowledgments
We thank Harry Rowe for analysis of
the elemental data and numerous
undergraduate and graduate research
associates that assisted with data
collection and analysis. We thank the
University of Kentucky Department of
Civil Engineering for partial funding of
the graduate student. We gratefully
acknowledge financial support of this
research under National Science
Foundation Award 0918856 and
Kentucky Science & Engineering
Foundation Award 2687-RDE-015.
Please feel free to contact Fox in order
to use the data in this paper.
Water Resources Research 10.1002/2015WR016999
FORD AND FOX ISOFLOC FORMULATION, SENSITIVITY AND EVALUATION 4062
Herman J. D., P. M. Reed, and T. Wagener (2013), Time-varying sensitivity analysis clarifies the effects of watershed model formulation on
model behavior, Water Resour. Res., 49, 1400–1414.
Hotchkiss, E. R., and R. O. Hall (2015), Whole-stream 13C tracer addition reveals distinct fates of newly fixed carbon, Ecology, 96(2), 403–416.
Jacinthe, P. A., R. Lal, and L. B. Owens (2009), Application of stable isotope analysis to quantify retention of eroded carbon in grass filters at
the North Appalachian experimental watersheds, Geoderma, 148, 405–412, doi:10.1016/j.geoderma.2008.11.013.
Jackson, C., and S. Vallaire (2007), Microbial activity and decomposition of fine particulate organic matter in a Louisiana cypress swamp,
J. North Am. Benthol. Soc., 26(4), 743–753, doi:10.1899/07-020R1.1.
Jansen, M. J. W. (1999), Analysis of variance designs for model output, Comput. Phys. Commun., 117, 35–43.
Kendall, C., M. B. Young, and S. R. Silva (2010), Applications of stable isotopes for regional to national-scale water quality and environmen-
tal monitoring programs, in Isoscapes: Understanding Movement, Pattern and Processes on Earth Through Isotope Mapping, edited by
J. B. West, G. J. Bowen, T. E. Dawson, K. P. Tu, pp. 89–111, Springer, N. Y.
Lane, C. S., D. R. Lyon, and S. E. Ziegler (2013), Cycling of two carbon substrates of contrasting lability by heterotrophic biofilms across a
nutrient gradient of headwater streams, Aquat. Sci., 75, 235–250, doi:10.1007/s00027-013-0269-0.
Lyon, D. R., and S. E. Ziegler (2009), Carbon cycling within epilithic biofilm communities across a nutrient gradient of headwater streams,
Limnol. Oceanogr. Methods, 54(2), 439–449.
Maggi, F., and W. J. Riley (2010), Transient competitive complexation in biological kinetic isotope fractionation explains nonsteady isotopic
effects: Theory and application to denitrification in soils, J. Geophys. Res., 114, G04012, doi:10.1029/2008JG000878.
Masters, G. M., and W. Ela (2008), Introduction to Environmental Engineering and Science, 708 pp., Prentice Hall, N. J.
McGuire, K., and J. McDonnell (2008), Stable isotope tracers in watershed hydrology, in Stable Isotopes in Ecology and Environmental Sci-
ence, 2nd ed., chap. 11, edited by R. Michener and K. Lajtha, pp. 334–374, John Wiley, Hoboken, N. J.
Moriasi, D. N., J. G. Arnold, M. W. Van Liew, R. L. Bingner, R. D. Harmel, and T. L. Veith (2007), Model evaluation guidelines for systematic
quantification of accuracy in watershed simulations, Trans. ASABE, 50(3), 885–900, doi:10.13031/2013.23153.
Neitsch, S. L., J. G. Arnold, J. R. Kiniry, and J. R. Williams (2011), Soil and water assessment tool theoretical documentation version 2009, Tex.
Water Resour. Inst. Tech. Rep. 406, College Station, Tex.
Nossent J., P. Elsen, and W. Bauwens (2011), Sobol’ sensitivity analysis of a complex environmental model, Environ. Modell. Software, 26,
1515–1525.
Oeurng, C., S. Sauvage, and J. Sanchez-Perez (2011), Assessment of hydrology, sediment and particulate organic carbon yield in a large
agricultural catchment using the SWAT model, J. Hydrol., 401, 145–153, doi:10.1016/j.jhydrol.2011.02.017.
Onstad, G. D., D. E. Canfield, P. D. Quay, and J. L. Hedges (2000), Source of particulate organic matter in rivers from the continental USA: Lig-
nin phenol and stable carbon isotope compositions, Geochem. Cosmochim. Acta, 64(20), 3359–3546, doi:10.1016/s0016-
7037(00)00451-8.
Palmer, S. M., D. Hope, M. F. Billett, J. J. C. Dawson, and C. L. Bryant (2001), Sources of organic and inorganic carbon in a headwater stream:
Evidence from carbon isotope studies, Biogeochemistry, 52, 321–338.
Park, R. A., and J. S. Clough (2012), AQUATOX (Release 3.1) Modeling environmental fate and ecological effects in aquatic ecosystems, EPA-
820-R-12-015, U.S. EPA, Office of Water (4305), Washington, D. C.
Peterson, C. G. (1996), Response of benthic algal communities to natural physical disturbance, in Algal Ecology: Freshwater Benthic Ecosys-
tems, edited by J. Stevenson, M. L. Bothwell, and R. L. Lowe, pp. 375–402, Academic, San Diego, Calif.
Phillips, J., M. Russell, and D. Walling (2000), Time-integrated sampling of fluvial suspended sediment: A simple methodology for small
catchments, Hydrol. Processes, 14, 2589–2602, doi:10.1002/1099-1085(2001015)14:14<2589::aid-hyp94>3.0co;2-d.
Raymond, P. A., C. J. Zappa, D. Butman, T. L. Bott, J. Potter, P. Mullholland, A. E. Laursen, W. H. McDowell, and D. Newbold (2012), Scaling
the gas transfer velocity and hydraulic geometry in streams and small rivers, Limnol. Oceanogr. Methods, 2, 41–53.
Regnier, P., et al. (2013), Anthropogenic perturbation of the carbon fluxes from land to ocean, Nat. Geosci., 6, 597–607.
Riebesell, U., S. Burkhardt, A. Dauelsber, and B. Kroon (2000), Carbon isotope fractionation by a marine diatom: Dependence on the
growth-rate-limiting resource, Mar. Ecol. Prog. Ser., 193, 295–303.
Rode, M., U. Suhr, and G. Wriedt (2007), Multiobjective calibration of a river water quality model-Information content of calibration data,
Ecol. Modell., 204, 129–142, doi:10.1016/j.ecolmodel.2006.12.037.
Rowe, H. D., R. B. Dunbar, D. A. Mucciarone, G. O. Seltzer, P. A. Baker, and S. Fritz (2002), Insolation, moisture balance and climate change
on the South American altiplano since the last glacial maximum, Clim. Change, 52, 175–199.
Russo, J., and J. Fox (2012), The role of the surface fine-grained laminae in low-gradient streams: A model approach, Geomorphology, 171-
172, 127–138, doi:10.1016/j.geomorph.2012.05.012.
Russo, J. P. (2010), Investigation of surface fine grained laminae, streambed, and streambank processes using a watershed scale hydrologic
and sediment transport model, MS thesis, Dep. of Civ. and Eng., Univ. of Ky., Lexington.
Rutherford, J., M. Scarsbrook, and N. Broekhuizen (2000), Grazer control of stream algae: Modeling temperature and flood effects, J. Envi-
ron. Eng., 126, 331–339, doi:10.1061/(ASCE)0733-9372(2000)126:4(331).
Sakamaki, T., and J. S. Richardson (2011), Biogeochemical properties of fine particulate organic matter as an indicator of local and catch-
ment impacts on forested streams, J. Appl. Ecol., 48, 1462–1471, doi:10.1111/j.1365-2664.02038.x.
Salteli, A. S., P. Annoni, I. Azzini, F. Campolongo, M. Ratto, and S. Tarantola (2010), Variance based sensitivity analysis of model output.
Design and estimator for the total sensitivity index, Comput. Phys. Commun., 181, 259–270.
Sarma, V. V. S. S., J. Arya, Ch.V. Subbaiah, S. A. Naidu, L. Gawade, P. P. Kumar, and N. P. C. Reddy (2012), Stable isotopes of carbon
and nitrogen in suspended matter and sediments from the Godavari estuary, J. Oceanogr., 68, 307–319, doi:10.1007/s10872-012-
0100-5.
Schindler Wildhaber, Y., R. Liechti, and C. Alewell (2012), Organic matter dynamics and stable isotope signature as tracers of the sources of
suspended sediment, Biogeosciences, 9, 1985–1996, doi:10.5194/bg-9-1985-2012.
Sharp, Z. (2007), Principles of Stable Isotope Geochemistry, Prentice Hall, Upper Saddle River, N. J.
Shih, J., R. B. Alexander, R. A. Smith, E. W. Boyer, G. E. Schwarz, and S. Chung (2010), An initial SPARROW model of land use and in-stream
controls on total organic carbon in streams of the conterminous United States, U.S. Geol. Surv. Open File Rep., 22.
Sinsabaugh, R., M. Osgood, and S. Findlay (1994), Enzymatic models for estimating decomposition rates of particulate detritus, J. North Am.
Benthol. Soc., 13(2), 160–169, doi:10.2307/1467235.
Smith, B. N., and S. Epstein (1971), Two categories of 13C/12C ratios for higher plants, Plant Physiol., 47, 380–384.
Sobol’, I. M. (2001), Global sensitivity indices for nonlinear mathematical models and their Monte Carlo estimates, Math. Comput. Simul., 55,
271–280.
Water Resources Research 10.1002/2015WR016999
FORD AND FOX ISOFLOC FORMULATION, SENSITIVITY AND EVALUATION 4063
Tank, J., E. Rosi-Marshall, N. Griffiths, S. Entrekin, and M. Stephen (2010), A review of allochthonous organic matter dynamics and metabo-
lism in streams, J. North Am. Benthol. Soc., 29, 118–146, doi:10.1899/08-170.1.
Tobias, C., and J. K. Bohlke (2011), Biological and geochemical controls on diel dissolved inorganic carbon cycling in a low-order agricul-
tural stream: Implications for reach scales and beyond, Chem. Geol., 283, 18–30, doi:10.1016/j.chemgeo.2010.12.012.
van Griensven, A., and W. Bauwens (2003), Multiobjective autocalibration for semidistributed water quality models, Water Resour. Res.,
39(12), 1348, doi:10.1029/2003WR002284.
Verardo, D. J., P. N. Froelich, and A. McIntyre (1990), Determination of organic carbon and nitrogen in marine sediments using the Carlo
Erba NA-1500 Analyzer, Deep Sea Res., Part A, 37(1), 157–165, doi:10.1016/0198-0149(90)90034-s.
Vieira, A. A. H., and S. Myklestad (1986), Production of extracellular carbohydrate in cultures of Ankistrodesms densus, J. Plankton Res., 8,
985–994.
Waite, A. M., R. J. Olson, H. G. Dam, and U. Passow (1995), Sugar-containing compounds on the cell surfaces of marine diatoms measured
using concanavalin A and flow cytometry, J. Phycol., 31, 925–933.
Wallin, M. B., T. Grabs, I. Buffam, H. Laudon, A. Agren, M. G. Oquist, and K. Bishop (2013), Evasion of CO2 from streams- The dominant com-
ponent of the carbon export through the aquatic conduit in a boreal landscape, Global Change Biol., 19(3), 785–797, doi:10.1111/
gcb.12083.
Walling, D., A. Collins, P. Jones, G. Leeks, and G. Old (2006), Establishing fine-grained sediment budgets for the Pang and Lambourn LOCAR
catchments, J. Hydrol., 330, 126–141, doi:10.1016/j.jhydrol.2006.04.015.
Wang X., S. R. Potter, J. R. Williams, J. D. Atwood, and T. Pitts (2006), Sensitivity analysis of APEX for national assessment, Trans. ASABE,
49(3), 679–688.
Webster, J., E. Benfield, T. Ehrman, M. Schaeffer, J. Tank, J. Hutchens, and D. D’Angelo (1999), What happens to allochthonous material that
falls into streams? A synthesis of new and published information from Coweeta, Freshwater Biol., 41, 687–705, doi:10.1046/j.1365-
2427.1999.00409.x.
White, P., J. Kalff, J. Rasmussen, and J. Gasol (1991), The effect of temperature and algal biomass on bacterial production and specific
growth rate in freshwater and marine habitats, Microbial Ecol., 21, 99–118.
Wool, T. A., R. B. Ambrose, J. L. Martin, and E. A. Comer (2006), Water Quality Analysis Simulation Program (WASP), Version 6, U.S. EPA,
Washington, D. C.
Yoshimura, C., M. Gessner, K. Tockner, and H. Furumai (2008), Chemical properties, microbial respiration, and decomposition of coarse and
fine particulate organic matter, J. North Am. Benthol. Soc., 27, 664–673, doi:10.1899/07-106.1.
Water Resources Research 10.1002/2015WR016999
FORD AND FOX ISOFLOC FORMULATION, SENSITIVITY AND EVALUATION 4064
